Abstract: This short communication seeks to draw researchers' attention to the simple fact that algebraic symbols, while capable of carrying units externally, do not contain these units internally. As a result, a derivative such as dy/dx ∈ R, when evaluated at a point p in a domain of definition, is a scalar in a 1−dimensional vector space (x) bounded at p that multiplies the tensor (dx) ≡ (1) and then applies (dy/dx) to any vector (x) to result in a scalar. Any vector space contains exactly two kinds of objects: vectors and scalars, with scalars closed as an algebraic field; hence the scalars cannot contain units or else they do not form a (closed) field. If dy/dx is a unit-free pure number to begin with, then x = 1 and y = 1 are subject to arbitrary underlying unit specifications. As such, one can identify (dy/dx) with (dy/b)/(dx/a), with a, b > 0 conveniently chosen.
(dy/b)/(dx/a), (cf. [3] , and its citation in [2] ). This short note advances our prior results to a statement that all (standard) derivatives are in fact relative derivatives. Here immediately below we will present a simple example for a quick demonstration. In Section 2 we will show that the implicit function theorem as cast in relative derivatives has the same form as that cast in the standard derivatives, and we will present three examples from economic comparative statics to show that the hitherto qualitative analyzes of evaluating the involve signs can readily be elevated to quantitative predictions. In Section 3 we will close with a summary remark.
Consider y = quantity supplied of apples, x = their price, and y = x 2 + 1, so that dy = 2xdx, with dy = 10dx at x = 5. Then in detailed tensorial expressions, we have tensors dy = T y = (1) = T x = dx and (1) (10 apples) = 10 · apples
where
where A * , the transpose of A, is the pull-back operator.
Continuing with Equation (1), we have
A * is an algebraic homomorphism, where α ∈ R, a field F closed under (+, ·). Thus,
, breaking out of F . I.e., α = (which actually is not a fixed value due to the different functional forms {f } of f (x) = y).
Nor are we referring to logarithmic differentiation
where x and y are variables. In fact, the perspective of logarithmic differentiation misses the point that any derivative is evaluated at a fixed point; letting y = x 2 + 1 vary with x would mean taking derivatives of the whole function, resulting in dy dx = 2x.
The Implicit Function Theorem and Economic Comparative Statics
. . . . . .
 is equal to the following:
. . . thus the same form. To demonstrate the advantages of our relative-derivative interpretation of the standard derivatives, we will now present three examples from economics comparative statics in the following.
Example 1.
From [4] , Ch. 9, Section: Stability and Dynamics, p. 263, where p ≡ price, H ≡ speed of adjustment,
then we can have the interpretation that dp/p * dt
where H ′ (0) = 5 would mean a 1% excess demand over the equilibrium quantity to cause a 5% rise from the equilibrium price. Otherwise by the established paradigm H is simply analytically intractable.
Example 2.
Ibid., Ch. 9, Section: The Stability of Multiple Markets, p. 276, which lent to the book's front cover about the comparative statics on We now recast the various derivatives as in the previous example to simulate a 1% increase in money stock to cause a 0.25% increase in investment: 
